Abstract. When A ∈ B(X) and B ∈ B(Y ) are given we denote by M C an operator acting on the Banach space X ⊕ Y of the form
Introduction

Throughout this note let X and Y be Banach spaces, let B(X, Y ) denote the set of bounded linear operators from X to Y , and abbreviate B(X, X) to B(X). If T ∈ B(X) we shall write N (T ) and R(T ) for the null space and range of T . Also, let α(T ) := dim N (T ), β(T ) := dim X/R(T ), and let σ(T ), σ d (T ), σ a (T ) and
π 0 (T ) denote the spectrum, defect spectrum, approximate point spectrum and point spectrum of T , respectively. An operator T ∈ B(X) is called upper semi-Fredholm if R(T ) is closed with finite dimensional null space and lower semi-Fredholm if R(T ) is closed with its range of finite co-dimension. If T is both upper semi-and lower semi-Fredholm, we call it Fredholm.
The index of a Fredholm operator T is the integer i(T ) := α(T ) − β(T ). An operator T is called Weyl if it is Fredholm of index zero and is called Browder if it is
Fredholm of "finite ascent and descent". The essential spectrum σ e (T ), the Weyl spectrum ω(T ) and the Browder spectrum σ b (T ) of T are defined by ( [6, 7] ):
, where we write acc K for the accumulation points of K ⊆ C.
If we write iso K := K \ acc K, then we let
denote the set of isolated eigenvalues of finite multiplicity.
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To say that "Weyl's theorem holds" for an operator T ∈ B(X) on a Banach space X [7] is to claim that
The complement in the spectrum of the Weyl spectum is precisely the isolated points of the spectrum which are eigenvalues of finite multiplicity.
In this note we try to relate Weyl's theorem for an upper triangular operator matrix
to the same thing for the diagonal matrix M 0 , extending the work of Lee [11, 12] on Hilbert spaces; our main tool is a local spectral theory.
Main results
We begin with the following lemma.
. 
Proof. Suppose that (
Lemma 2.2. Let A ∈ B(X) and B ∈ B(Y ). Suppose that
, and assume to the contrary that σ( 
is called the local spectrum at x. Recall from the local spectral theory of operators ( [10] ) that if T ∈ B(X) and F is a closed subset of the complex plane C, then we can define the spectral manifolds X T (F ) as follows: If (K n ) is a sequence of compact subsets of C, then by the definition, its limit inferior is lim inf K n = {λ ∈ C : there are λ n ∈ K n with λ n −→ λ} and its limit superior is lim sup K n = {λ ∈ C : there are λ n k ∈ K n k with λ n k −→ λ}. If lim inf K n = lim sup K n , then lim K n is defined by this common limit. A mapping f , defined on B(X), whose values are compact subsets of C, is said to be upper (lower) semi-continuous at T , provided that if T n −→ T (in norm topology), then
Houimdi and H. Zguitti proved that if B ∈ B(Y ) has SVEP, then σ(A) ∪ σ(B) = σ(M C ) for every C ∈ B(Y, X). Using Lemma 2.2, we can extend this result as follows:
Theorem 2.3. Let A ∈ B(X) and B ∈ B(Y ). Suppose that A * or B has SVEP. Then for every C ∈ B(Y, X),
If f is both upper and lower semicontinuous at T , then it is said to be continuous at T and in this case lim f (T n ) = f (T ).
Lemma 2.4. Let A ∈ B(X) and B ∈ B(Y ). Then for every
Proof. Observe that
. The second equality is obvious.
In general, "Weyl's theorem holds for A ⊕ B" does not imply "Weyl's theorem holds for M C " (see [12] ). In spite of this situation, we have the following theorem. Recall that T ∈ B(X) is called isoloid if every isolated point of σ(T ) is an eigenvalue of T .
Theorem 2.5. Let A ∈ B(X) and B ∈ B(Y ) both have SVEP. Suppose that A and B are isoloid and that Y B ({λ}) is finite dimensional for each λ ∈ iso σ(B). If Weyl's theorem holds for A ⊕ B, then Weyl's theorem holds for M C for every C ∈ B(Y, X).
Proof. Since A and B both have SVEP, it follows from [8,
is finite dimensional. Now we consider two cases: 
